For functions from the set of generalized Poisson integrals C α,r β L p , 1 ≤ p < ∞, we obtain upper estimates for the deviations of Fourier sums in the uniform metric in terms of the best approximations of the generalized derivatives f α,r β of functions of this kind by trigonometric polynomials in the metric of the spaces L p . Obtained estimates are asymptotically best possible.
Summary
For functions from the set of generalized Poisson integrals C α,r β L p , 1 ≤ p < ∞, we obtain upper estimates for the deviations of Fourier sums in the uniform metric in terms of the best approximations of the generalized derivatives f α,r β of functions of this kind by trigonometric polynomials in the metric of the spaces L p . Obtained estimates are asymptotically best possible.
Let L p , 1 ≤ p < ∞, be the space of 2π-periodic functions f summable to the power p on [0, 2π), in which the norm is given by the formula f p = 2π 0 |f (t)| p dt 1 p ; L ∞ be the space of measurable and essentially bounded 2π-periodic functions f with the norm f ∞ = ess sup t |f (t)|; C be the space of continuous 2π-periodic functions f , in which the norm is specified by the equality f C = max 
where ϕ ∈ L p and P α,r,β (t) are fixed generated kernels
The kernels P α,r,β of the form (2) 
Let ρ n (f ; x) be the following quantity
where S n−1 (f ; ·) are the partial Fourier sums of order n − 1 for a function f . Least upper bounds of the quantity ρ n (f ; ·) C over the classes C α,r β,p , we denote by
Asymptotic behaviour of the quantities E n (C α,r β,p ) C of the form (4) was studied in [2] - [10] .
In [11] - [13] it was found the analogs of the Lebesque inequalities for functions f ∈ C α,r β L p in the case r ∈ (0, 1) and p = ∞, and also in the case r ≥ 1 and 1 ≤ p ≤ ∞, where the estimates for the deviations f (·) − S n−1 (f ; ·) C are expressed in terms of the best approximations E n (f α,r β ) Lp . Namely, in [11] it is proved that the following best possible inequalitiy holds
where O(1) is a quantity uniformly bounded with respect to n, β and f ∈ C α,r β L ∞ . The present paper is a continuation of [11] , [12] , and is devoted to getting asymptotically best possible analogs of Lebesque-type inequalities on the sets C α,r β L p , r ∈ (0, 1) and p ∈ [1, ∞). This case was not considered yet. Let formulate the results of the paper.
LEBESQUE-TYPE INEQUALITIES

3
By F (a, b; c; d) we denote Gauss hypergeometric function
For arbitrary α > 0, r ∈ (0, 1) and 1 ≤ p ≤ ∞ we denote by n 0 = n 0 (α, r, p) the smallest integer n such that 1 αr
where χ(p) = p for 1 ≤ p < ∞ and χ(p) = 1 for p = ∞.
The following statement holds. Theorem 1. Let 0 < r < 1, α > 0, β ∈ R and n ∈ N. Then in the case 1 < p < ∞ for any function f ∈ C α,r β L p and n ≥ n 0 (α, r, p), fthe following inequality is true:
where F (a, b; c; d) is Gauss hypergeometric function, and in the case p = 1 for any function f ∈ C α,r β L 1 and n ≥ n 0 (α, r, 1), the following inequality is true:
In (7) and (8) , the quantity γ n,p = γ n,p (α, r, β) is such that |γ n,p | ≤ (14π) 2 .
Proof of Theorem
Then, at every point x ∈ R the following integral representation is true:
where
The function P (n) α,r,β (t) is orthogonal to any trigonometric polynomial t n−1 of degree not greater than n − 1. Hence, for any polynomial t n−1 from we obtain
where δ n (x) = δ n (α, r, β, n; x) := f α,r
Further we choose the polynomial t * n−1 of the best approximation of the function f α,r β in the space L p , i.e., such that f α,r β − t * n−1 p = E n (f α,r β ) Lp , 1 ≤ p ≤ ∞, to play role of t n−1 in (11). Thus, by using the inequality
For arbitrary υ > 0 and 1 ≤ s ≤ ∞ assume
It follows from the paper [9] for arbitrary r ∈ (0, 1), α > 0, β ∈ R, 1 ≤ s ≤ ∞, 
where the quantity δ
n,s (α, r, β), satisfies the inequality |δ (1) n,s | ≤ (14π) 2 . Substituting s = p ′ = ∞, from 14 and (16) we get (8) . Further, according to [9] for n ≥ n 0 (α, r, s ′ ), 1 < s < ∞, 
where |Θ (1) α,r,s ′ ,n | < 2. Let now consider the case 1 < p < ∞. Formulas (16) and (17) for s = p ′ and n ≥ n 0 (α, r, p) imply 1 π P α,r,n p ′ = e 
